Lecture 14: main exercises

Ezercise 14.1. Suppose

Bi(21)xi(u1) Biy1(22) xit1(u2) Bi(23)xi(u3) = Bir1(21)xiv1(ut) Bi(25)xi(us) Biv1(23)xi(u3)

where all u, u’ are invertible. Prove that 21, 2}, 2 are uniquely determined by z1, 22, 23 and u1, ug, ug, u}, ub, uj
provided that
urug = uhuy and uguz = ujus.

Ezercise 14.2. Assume that z5 # 0. Prove that

Bi(z1)xi(u1) Bi(22)xi(u2) = Bi(2)xi(uw)U

2

where 2 = 21 —u; 57271, u = zouiuz and U is an upper unitriangular matrix.

Ezercise 14.3. Compute the two pairs of cluster variables for two Demazure weaves from o° to o
using problem 2. Verify that these are regular functions and that two seeds are related by mutation.
Hint: you will need to push an uppler-triangular matriz to the right for one of the weaves.






